This paper sought to improve the precision of the Alternating Current Electro-Occulo-Graphy (AC-EOG) gaze estimation method. The method consisted of two core techniques: To estimate eyeball movement from EOG signals and to convert signals from the eyeball movement to the gaze position. In conventional research, the estimations are computed with two EOG signals corresponding to vertical and horizontal movements. The conversion is based on the affine transformation and those parameters are computed with 24-point gazing data at the calibration. However, the transformation is not applied to all the 24-point gazing data, but to four spatially separated data (Quadrant method), and each result has different characteristics. Thus, we proposed the conversion method for 24-point gazing data at the same time: To assume an imaginary center (i.e., 25th point) on gaze coordinates with 24-point gazing data and apply an affine transformation to 24-point gazing data. Then, we conducted a comparative investigation between the conventional method and the proposed method. From the results, the average eye angle error for the cross-shaped electrode attachment is x = 2.27 • ± 0.46 • and y = 1.83 • ± 0.34 • . In contrast, for the plus-shaped electrode attachment, the average eye angle error is is x = 0.94 • ± 0.19 • and y = 1.48 • ± 0.27 • . We concluded that the proposed method offers a simpler and more precise EOG gaze estimation than the conventional method.
Introduction
The direct human gaze is an indicator of interest. Thus, eye tracking has become of the most prospective technologies in recent years. There are two types of major eye-tracking systems: One is to record pupil positions with infrared cameras [1, 2] , and the other is to record electro-occulo-graphic (EOG) signals with a biological signal measurement device [3] . The camera-based system requires the user to wear camera built-in glasses [4, 5] or to fix their head position in order to achieve stable capturing of their pupils. This imposes physical burdens, such as heaviness and motion and visual restriction on the user [6, 7] . In addition, this method is slightly difficult for users who wear glasses and contact lenses due to reflection from the lenses, which makes the system unable to detect the pupils in a stable manner. Whereas the EOG-based system is characterized by gaze point precision, which is less than that of the camera-based system, the EOG is more robust in determining gaze direction [8] [9] [10] [11] [12] [13] [14] . In the EOG, data acquisition is achieved by attaching a few disposable electrodes around their eye of the subject and has the advantage of being less burdensome to the eyes in the measurement of the eye movement. Considering the aforementioned low accuracy associated with the EOG, it is important to develop techniques in order to improve the accuracy of the EOG-based eye tracker system. EOG signals are electrical potentials generated when the eyeball moves. This results from the fact that the eyeball acts like a battery, where the eye cornea provides the positive potential and the eye retina provides the negative potential [15] . For that reason, it is possible to estimate eye movements by 
Hardware

Electrode Arrangement
The order in which the electrodes are attached to the face of the subject largely affects the shape for the resulting EOG signal. There are two major attachment shapes adopted in research, as shown in Figure 2 : One is plus-shaped five-electrode arrangement, and the other is cross-shaped fourelectrode arrangement. The plus-shaped type is suitable for recording EOG signals generated by vertical eye movements and horizontal eye movements, since the electrodes are attached in the same direction. Meanwhile, the cross-shaped type has the advantage of a smaller number of electrodes. However, the technique requires appropriate post-processing conversion of EOG signals to gaze position. 
EOG Measurement System
We developed a low-cost AC-EOG measurement system as shown in Figure 3 . The device consisted of four main components: Disposable electrodes, an EOG measurement circuit (comprising of a differential amplifier, bandpass filter, and an inverting amplifier, all connected in cascade), a data acquisition device (National Instruments (NI) Corporation USB-6008), and a PC running Windows 10 and VC++ 2017. Disposable electrodes were attached around the user's eye, which captured DC-EOG generated by eye movements. The EOG system is configured as two channels (Ch1 and Ch2). The bandpass filter, having a lower cut-off frequency of 1.06 Hz and upper cut-off frequency of 4.97 Hz, converts the DC-EOG to AC-EOG, which is then amplified before being fed to the data acquisition device. The value of the bandpass filter was set as such to effectively measure the EOG signal. The sampling frequency in the data acquisition device is 1 kHz. Then, the device converts the electrical potential to digital data and transfer to PC program "Microsoft Visual Studio C/C++ 2017". Finally, the PC program analyzes with gaze estimation. 
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Electrode Arrangement
The order in which the electrodes are attached to the face of the subject largely affects the shape for the resulting EOG signal. There are two major attachment shapes adopted in research, as shown in Figure 2 : One is plus-shaped five-electrode arrangement, and the other is cross-shaped four-electrode arrangement. The plus-shaped type is suitable for recording EOG signals generated by vertical eye movements and horizontal eye movements, since the electrodes are attached in the same direction. Meanwhile, the cross-shaped type has the advantage of a smaller number of electrodes. However, the technique requires appropriate post-processing conversion of EOG signals to gaze position. 
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AC-EOG Discrimination
In this paper, we determined the gaze estimation by analyzing the two AC-EOG channel (Ch1 and Ch2) signals. The gaze estimation refers to the estimation of the point in space where the eyes of the subject are focused. In other words, it is the determination of the x and y coordinates on a twodimensional plane.
From the signals, we proposed an integral method to analyze the EOG signal. In the integral computation, we included the signal thresholds method for Ch1 and Ch2 signals. The signal threshold served two purposes. The first purpose was to determine the polarity of the integral value. Positive integral was determined if the signal was above the positive threshold (th+) and negative integral was determined if the signal was below the negative threshold (th-). Second, the thresholds were introduced to remove any unwanted residual noises from the integral value, as noises could affect the accuracy of gaze estimation. The equation to obtain the signal integral is derived as Figure 4 shows an example of AC-EOG analysis for integral value. We also highlighted that eye blinks, either voluntary or involuntary, are counted for integral value.
Then, to determined the gaze estimation for x and y coordinates, the x value is represented by the channel Ch1 integral value and y value from channel Ch2 integral value. The values are used to compare with gaze target coordinates. 
Software
AC-EOG Discrimination
In this paper, we determined the gaze estimation by analyzing the two AC-EOG channel (Ch1 and Ch2) signals. The gaze estimation refers to the estimation of the point in space where the eyes of the subject are focused. In other words, it is the determination of the x and y coordinates on a two-dimensional plane.
EOG-Gaze Target Algorithm
Ideally, the EOG gazing integral value should match the gaze target coordinate, as shown in Figure 5a . Previous studies for the cross-shaped electrode attachment show that there is a significant problem with accuracy between gazing data and targets [21] . Figure 5b shows the estimated gazing data obtained using the cross-shaped electrode arrangement. It can be observed that the estimated coordinates are rotated relative to the axes. Gazing data obtained using the plus-shaped electrodes are more accurate than the cross-shaped electrodes, as seen in Figure 5c . 
Coordinate Transformation Method
The difference between gaze data and gaze target coordinates could be corrected using coordinate transformation techniques. A 24-point gazing data calibration method was previously developed by Ilhamdi et al.
[22] based on the cross-shaped electrode attachment to improve the gazing data. In this conventional method, the 24-point gazing data are spatially separated into quadrants. The data conversion is then implemented based on the quadrant.
In this paper, we proposed a simpler computation using the affine transformation. Instead of separating the data, we propose a calibration method based on virtual origin coordinates. The conversion based on the proposed technique enables all gazing data to be calibrated simultaneously. Equations (5)-(8) shows the proposed homogeneous matrix for the affine transformation. The gazing data conversion (x', y') is determined using Equation (9) . 
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Coordinate Transformation Method
In this paper, we proposed a simpler computation using the affine transformation. Instead of separating the data, we propose a calibration method based on virtual origin coordinates. The conversion based on the proposed technique enables all gazing data to be calibrated simultaneously. Equations (5)- (8) shows the proposed homogeneous matrix for the affine transformation. The gazing data conversion (x', y') is determined using Equation (9) . 
In this paper, we proposed a simpler computation using the affine transformation. Instead of separating the data, we propose a calibration method based on virtual origin coordinates. The conversion based on the proposed technique enables all gazing data to be calibrated simultaneously. Equations (5)- (8) shows the proposed homogeneous matrix for the affine transformation. The gazing data conversion (x', y') is determined using Equation (9) .
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There are four geometrical steps involved in the homogeneous matrix computation. Figure 6 illustrates each geometry processes. The first step is the translation, where the imaginary center coordinate (Tx, Ty) is adjusted to the origin coordinates (0,0). The second step involves shearing of the axes. The shear is to ensure that the axes of the captured gazing data are perpendicular to each other. The third step is to rotate the now perpendicular axes by an angle θ to match normal x-y plane. The final step is dilatation. Dilatation adjusted the gazing data to have similar value with the gaze target pixel value. However, in this part, we separated the dilatation into 4fourvariables based on the line axis. The dilations are determined as:
•
Dilatation s1 is for data located on the positive y-axis line; • Dilatation s2 is for data located on the negative y-axis line; • Dilatation s3 is for data located on the positive x-axis line; • Dilatation s4 is for data located on the negative x-axis line.
There are four geometrical steps involved in the homogeneous matrix computation. Figure 6 illustrates each geometry processes. The first step is the translation, where the imaginary center coordinate (Tx, Ty) is adjusted to the origin coordinates (0,0). The second step involves shearing of the axes. The shear is to ensure that the axes of the captured gazing data are perpendicular to each other. The third step is to rotate the now perpendicular axes by an angle to match normal x-y plane. The final step is dilatation. Dilatation adjusted the gazing data to have similar value with the gaze target pixel value. However, in this part, we separated the dilatation into 4fourvariables based on the line axis. The dilations are determined as:
 Dilatation s1 is for data located on the positive y-axis line;  Dilatation s2 is for data located on the negative y-axis line;  Dilatation s3 is for data located on the positive x-axis line;  Dilatation s4 is for data located on the negative x-axis line.
Compared to the conventional method, the number and the order of the proposed geometrical steps are significantly different. The proposed method uses one less geometrical step than the conventional method. Besides, the total number of mathematical operation parameters required in the proposed method are nine: Two translation, two shear operations, one rotation, and four dilatation operations. Compared with the conventional method, which required seven operation parameters for each quadrant, giving a total of twenty-eight operation parameters, this shows that the proposed method is simpler than the conventional method in terms of computational resources and time. Compared to the conventional method, the number and the order of the proposed geometrical steps are significantly different. The proposed method uses one less geometrical step than the conventional method. Besides, the total number of mathematical operation parameters required in the proposed method are nine: Two translation, two shear operations, one rotation, and four dilatation operations. Compared with the conventional method, which required seven operation parameters for each quadrant, giving a total of twenty-eight operation parameters, this shows that the proposed method is simpler than the conventional method in terms of computational resources and time.
Experiments and Discussion
Experiment 1: Cross-Shaped Electrode Attachment Transformation Method Simulation
A comparative investigation experiment was conducted to compare the accuracy of conventional cross-shaped electrode attachment method conversion method with the proposed method. Four simulation patterns of 24-point gazing data were proposed for the experiment. The patterns were used to test each computation in affine transformation homogeneous matrix: Dilatation, rotation, shear, and translation. To investigate the accuracy, the pixel distance error was used as an indicator, where the lower the distance error value, the higher the accuracy. Figure 7 shows the simulation patterns used in the experiment. The specification for each pattern computation objectives is as such:
(1) Pattern (a) is to test dilatation and rotation;. 
Experiments and Discussion
Experiment 1: Cross-Shaped Electrode Attachment Transformation Method Simulation
(1) Pattern (a) is to test dilatation and rotation;. Figure 8 shows the computation results. Based on the results, the proposed method performed better in calibrating the simulated gazing data relative to the conventional technique. From the four Figure 8 shows the computation results. Based on the results, the proposed method performed better in calibrating the simulated gazing data relative to the conventional technique. From the four patterns, the average pixel distance error for the x and y pixel was negligibly small for the proposed method. This meant that no errors were observed for the proposed method. In contrast, the average pixel distance error for x pixel was 11 ± 3 pixel and for y pixel , the error was 5 ± 2 pixel for the conventional method. From the results, the proposed virtual origin coordinate conversion method is significantly better than the conventional method.
Sensors 2019, 19, x FOR PEER REVIEW  8 of 12 patterns, the average pixel distance error for the x and y pixel was negligibly small for the proposed method. This meant that no errors were observed for the proposed method. In contrast, the average pixel distance error for x pixel was 11 ± 3 pixel and for y pixel, the error was 5 ± 2 pixel for the conventional method. From the results, the proposed virtual origin coordinate conversion method is significantly better than the conventional method. The errors observed for the conventional method are attributed to quadrant separation-based computation. The quadrant method restricts the view on the calibration into a small set of data. The data near the x and y axis are adversely affecting the computation. The quadrant method assumed all the data in one set in space are of the same polarity. If the rotation is significant, the data polarity is disrupted. The borderline data polarity, when used for computation, became inconsistent and then affected the accuracy of the calculations. In the proposed method, however, the 24-point gazing data are calibrated simultaneously, making the method not only simpler, but also accurate when it comes to computation.
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In this section, we performed a comparative investigation of the accuracy of the proposed method using EOG gazing data. Ten samples of 24-point gazing data were taken for both electrode attachment methods. We determined the accuracy based on gaze angle error. The lower the angle degree, the more accurate the gazing data. Figure 9 illustrates the original EOG gazing data. Figure 10 shows the result of cross-shaped electrode attachment. Comparied to the original EOG gazing data, the accuracy is greatly improved. The calibrated 24-point gazing data achieved compelling similarity with gaze targets. Based on the bar chart, most of the x and y error angle for each point is less than 2°. On the other hand, Figure 11 shows the results of plus-shaped electrode attachment. Likewise, compared to the original EOG gazing data, the accuracy is also greatly improved. The gaze error angle observed from bar chart shows that the x and y angle error is less than 2°. The next step in the experiment is to obtain EOG gazing data from 10 test subjects. The test subjects are to strengthen the investigation on the accuracy of the proposed method. However, instead of observing the gaze angle error on a point-to-point basis, the average for 24-point is calculated. The results for gazing data are shown in Figure 12 .
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The test subjects' average gaze angle error results are shown in Figure 13 , Tables 11 and 2 . The ten test subjects' average for the cross-shaped electrode attachment is x = 2.27°± 0.46° and y = 1.83°± 0.34°. In comparison, the average for the plus-shaped electrode attachment is x = 0.94°± 0.19° and y = 1.48°± 0.27°. From the gaze angle error result, both electrode methods show almost Figure 10 shows the result of cross-shaped electrode attachment. Comparied to the original EOG gazing data, the accuracy is greatly improved. The calibrated 24-point gazing data achieved compelling similarity with gaze targets. Based on the bar chart, most of the x and y error angle for each point is less than 2°. On the other hand, Figure 11 shows the results of plus-shaped electrode attachment. Likewise, compared to the original EOG gazing data, the accuracy is also greatly improved. The gaze error angle observed from bar chart shows that the x and y angle error is less than 2°. The next step in the experiment is to obtain EOG gazing data from 10 test subjects. The test subjects are to strengthen the investigation on the accuracy of the proposed method. However, instead of observing the gaze angle error on a point-to-point basis, the average for 24-point is calculated. The results for gazing data are shown in Figure 12 .
The test subjects' average gaze angle error results are shown in Figure 13 , Tables 11 and 2 . The ten test subjects' average for the cross-shaped electrode attachment is x = 2.27°± 0.46° and y = 1.83°± 0.34°. In comparison, the average for the plus-shaped electrode attachment is x = 0.94°± 0.19° and y = 1.48°± 0.27°. From the gaze angle error result, both electrode methods show almost The next step in the experiment is to obtain EOG gazing data from 10 test subjects. The test subjects are to strengthen the investigation on the accuracy of the proposed method. However, instead of observing the gaze angle error on a point-to-point basis, the average for 24-point is calculated. The results for gazing data are shown in Figure 12 . The test subjects' average gaze angle error results are shown in Figure 13 , Tables 1 and 2 . The ten test subjects' average for the cross-shaped electrode attachment is x = 2.27 • ± 0.46 • and y = 1.83 • ± 0.34 • . In comparison, the average for the plus-shaped electrode attachment is x = 0.94 • ± 0.19 • and y = 1.48 • ± 0.27 • . From the gaze angle error result, both electrode methods show almost identical gaze angle errors. However, the plus-shaped electrode attachment method shows a relatively small gaze angle error compared to the cross-shaped electrode attachment. From the experiment, the proposed method proved to increase the accuracy of EOG gazing data for two different electrode attachment methods. However, in terms of the simplicity of the conversion method, the plus-shaped electrode attachment offered simpler computation than the cross-shaped electrode attachment method. The rotation for plus-shaped dive-electrode attachment is negligible. Thus, the cross-shaped electrode attachment has nine operation parameters for affine transformation, but we had eight operation parameters for the plus-shaped electrode attachment.
Conclusions
The objective of the research was to enhance the accuracy of the EOG gaze estimation method. The AC-EOG signal method was used to estimate eyeball movement and the gaze position was determined by converting the captured signals. In conventional research, the affine transformation was introduced as a calibration method for 24-point gazing data from the two AC-EOG signals, corresponding to vertical and horizontal eyeball movements using the cross-shaped electrode attachment method. However, the transformation was not applied for all the 24-point gazing data, but was instead applied for four spatially separated data (quadrant method). The quadrant method was also easily influenced by data rotation. The quadrant method assumed all the data in one set in space are of the same polarity, however, the significant rotation could disrupt the data polarity. The influence of data rotation was not fully investigated, as one electrode attachment method (cross-shaped four-electrode attachment) was used. Then, in term of the computational complexity of the quadrant method, seven variables were computed in each quadrant, where each quadrant produced a different value. In this paper, we proposed the conversion method for 24-point gazing data simultaneously and assumed a virtual origin (i.e., 25th point) on gaze coordinates with 24-point gazing data and applied an affine transformation to 24-point gazing data. Two experiments were conducted as comparative investigation for the conventional and proposed methods. The first experiment was an accuracy investigation between the proposed method and conventional computation. Four simulation patterns, based on 24-point gazing data, were used, and the accuracy was determined by the pixel distance error. The result shows that the proposed method achieved negligible error in gazing data conversion. The second experiment was to determine the accuracy of the proposed method using EOG gazing data. Ten test subjects were used to performed 24-point gaze targets with two different electrode attachment methods. The average angle error for the cross-shaped electrode attachment was x = 2.27 • ± 0.46 • and y = 1.83 • ± 0.34 • . On the other hand, the plus-shaped electrode attachment had an error of x = 0.94 • ± 0.19 • and y = 1.48 • ± 0.27 • . The results show that there was minimal error using the proposed method, and the two electrode attachment methods resulted in almost identical performances. From the experiments, we conclude that the proposed method was simpler and more accurate in EOG gaze estimation than the conventional method.
